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ABSTRACT: In this decade, paper-based microﬂuidics has gained more
interest in the research due to the vast applications in medical diagnosis,
environmental monitoring, food safety analysis, etc. In this work, we
presented a set of experiments to understand the physics of the capillary ﬂow
phenomenon through paper strips. Here, using the wicking phenomenon of
the liquid in porous media, experimentally, we ﬁnd out the capillary height of
the liquid in ﬁlter paper at diﬀerent time intervals. It was found that the
Lucas−Washburn (L−W) model, as well as the evaporation model, fails to
predict the capillary rise accurately. However, the detailed numerical solution
shows a better similarity with the experimental results. We have also shown
the diﬀerent regimes of the wicking phenomenon using scaling analysis of the
modiﬁed L−W model. The capillary rise method was applied to detect the
added water content in milk. We used milk as a liquid food and found the added water content from the change in the capillary
height at diﬀerent concentrations of milk. Finally, results obtained from the paper-based device were veriﬁed with the commercially
available lactometer data.
A liquid can easily ﬂow through the gaps in porous media
without using any extra energy due to the inherent capillary
action. Darcy21 ﬁrst investigated the ﬂow of liquid in porous
media experimentally. In 1921, two researchers established a
relationship between the capillary height and rising time of a
liquid in porous media popularly known as the Lucas−
Washburn (L−W) equation.22 Using the concept of the L−W
model, various studies had been done to understand the
physics of liquid wicking in porous media. The L−W model
scales the liquid wicking distance (x) with time (t) as x ∼ t1/2.
However, this model failed to predict the experimental results
of the liquid wicking phenomenon in porous media for a long
time interval. Schoelkopf et al.23 observed the deviation of the
L−W model in the case of liquid imbibition through porous
media. They also concluded that in a very short time interval,
the inertial eﬀect dominated the capillary ﬂow considering no
change in the surface properties and geometry. Fries et al.24
modiﬁed the L−W model for wicking of highly volatile liquids
in porous media, including the evaporation eﬀect. They found
a good agreement between the experimental and analytical

INTRODUCTION
Over the last few decades, microﬂuidics has been attracting
increasing research interest due to the widespread applications
in science and technology. Microﬂuidics deals with the study of
ﬂuid manipulation in microchannels. Open surface microﬂuidics, speciﬁcally droplet-based microﬂuidics, is a subgroup
of classical microﬂuidic studies. Diﬀerent types of open
surfaces are used in microﬂuidic applications such as metal,1
plastic,2,3 paper,4 fabric,5 etc. Paper-based devices have various
applications in the ﬁeld of healthcare diagnosis, environmental
monitoring, food quality control, biomedical applications,6−10
etc. Whatman ﬁlter paper is used in most of the research
studies because it is easily available, cheap, thin, lightweight,
disposable, biodegradable, and easy to store and transport.11 In
2007, Whitesides and his group4 ﬁrst used paper as a
microﬂuidic device. They also came up with new fabrication
processes and diﬀerent bioassay identiﬁcation techniques using
a paper microﬂuidic device.12−15 Liquid manipulation is
important for making a paper-based device, and it can be
easily controlled in a porous substrate by making patterned
(hydrophilic−hydrophobic) surfaces.16 Chatterjee et al.17
showed the lateral and transverse transport of liquid
experimentally on a paper-based substrate using wettability
patterning. Using the concept of liquid manipulation by
making patterned surfaces and colorimetric reactions, paperbased microﬂuidic devices were used to detect contamination
in liquid foods such as lime juice, orange juice, tea, drinking
water, whiskey, wines, etc.18−20
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the experiments were compared with those from the
commercially available lactometer to measure its accuracy.
To the best of our knowledge, we have shown for the ﬁrst time
the detailed numerical solutions for the capillary rise of liquid
in a paper-based substrate and compared with the experiments
and analytical methods for milk. This method can be used
eﬃciently for other liquid foods or even chemicals to identify
the amount of water.

results. They showed that the capillary rise is inversely
proportional to the evaporation rate. Hamdaoui25,26 also
developed an analytical model considering the gravity eﬀect
on the wicking phenomenon. They showed that the
generalized L−W model could be used in the case of short
and long time experiments. Li et al.27 proposed the criteria of
using the L−W model in the case of spontaneous imbibition of
a liquid in porous media. They also described the criteria of
including the eﬀect of gravity on wicking using the CGR
number (capillary pressure-to-gravity force ratio). Chang28
discussed an experimental and theoretical study on the
dynamics of water ﬂow through a paper with swelling. They
considered the expansion of intraﬁber pores as well as
interﬁber pores, which leads to paper swelling at the time of
water imbibition. Flow through porous media is dependent on
the properties of the media such as porosity, permeability, etc.
One of the important approaches was combining the
properties of porous media with the L−W model considering
Darcy’s law.29 Despite these various approaches, there are still
diﬃculties in understanding the dynamics of liquid imbibition
through porous media because of the three-phase complex
formation of solid−liquid and −gas interfaces. As a result of
this complex geometry, the deviation of the theoretical and
experimental data is expected. Numerical simulation can be an
option to overcome the drawbacks of analytical studies. Rath et
al.30 developed a relation among the capillary pressure,
permeability, and saturation in the case of liquid imbibition
through porous media. They also demonstrated numerical
simulation using Richard’s equation to model the imbibition
process. Using the capillary-driven ﬂow concept, Rayaprolu et
al.31 developed a paper-based device to measure the viscosity
of Newtonian and a few non-Newtonian ﬂuids. Recently, Kar
et al.32 reviewed a few applications of paper-based microﬂuidic
devices, including blood plasma separation, green energy
harvesting, etc. They described the fundamental of capillarydriven transport of a liquid in the paper substrate considering
the single capillary tube theory (with or without gravity),
Darcy’s law-based model, and Richard’s law-based model.
In this work, we performed experimental and numerical
studies on liquid wicking in a paper strip. This study included
the experimental ﬁndings of porosity, permeability, capillary
rise, and capillary radius of Whatman ﬁlter paper (grade 4). We
presented a general hydrodynamic framework for liquid
imbibition into the porous matrix. To explain the physics of
the capillary rise phenomenon, we analyzed the experimental
and numerical data with the L−W model and the evaporation
model. The relation between the capillary rise of diﬀerent
liquids in paper strips with wicking time using the Lucas−
Washburn (L−W) model, evaporation model, and numerical
simulation was shown. The COMSOL multiphysics environment was used to perform the numerical analysis using Darcy’s
law with gravity. We also showed a scaling analysis of liquid
wicking in a paper strip using a modiﬁed L−W model. The
wicking phenomenon was divided into three diﬀerent regimes,
considering the inertial eﬀect (Regime I), viscous eﬀect
(Regime II), and gravitational eﬀect (Regime III), and
compared with the experimental results. From the simulations
and the analytical methods, it was seen that gravity plays a role
particularly at the later stage of the imbibition. The simple
method presented in this paper can be used to develop a
paper-based microﬂuidic device to detect liquid food
adulteration. We also used this method to ﬁnd out the
added water content in milk. Finally, the predicted data from

RESULTS AND DISCUSSION
In this study, we observed the capillary ﬂow of water and milk
in a paper strip. Two properties that lead to liquid ﬂow in
porous media are wettability and wicking. Due to wettability,
ﬁrst the porous surface wets and helps the liquid to wick
through the porous media. Due to the eﬀect of negative
capillary pressure, the wicking of liquid occurs in porous media
spontaneously. Although paper consists of randomly oriented
ﬁbers, Lucas−Washburn22 ﬁrst model the wicking phenomena
by considering paper as bundles of capillary tubes. Darcy21
explained the wicking phenomena in porous media by
considering a single-phase and a two-phase ﬂow. These
mathematical models were developed by solving the
conservative equations considering the eﬀect of diﬀerent forces
such as pressure, inertia, viscosity, and gravity. The details of
the capillary ﬂow models are described in the Experimental and
Numerical Procedures section. The results of capillary rise
from the experimental study, numerical modeling, and
analytical models were compared in water and milk. The
eﬀect of diﬀerent concentrations of milk on the capillary rise
was analyzed to identify the added water content in the milk
sample. Last, we observed the paper strip prediction and that
of the lactometer for ﬁnding the amount of dilution in milk.
Capillary Rise of Water in a Paper Strip. In Figure 1a,
we show the capillary rise of water in a 20 mm width ﬁlter
paper using the L−W model, evaporation model, numerical
simulation, and experiments. Here, we used capillary radius
(Rc) as half of the pore diameter (25 μm) that is given by the
manufacturer. However, the experimental results do not match
with the numerical results. Ravi et al.33 described a method to
ﬁnd out the capillary radius using the capillary pressure
generated by reference liquids and a test liquid as n-hexane and
water, respectively. Masoodi et al.34 described another method
of ﬁnding the capillary radius of porous media, which we used
and modiﬁed the capillary radius. They used diﬀerent polymer
wicks and diﬀerent liquids to perform wicking experiments. By
balancing the upward suction force and downward gravitational force, the capillary radius can be expressed as

■

Rc =

2γ cos(θ )
ρgLss

(1)

where Rc is the capillary radius, γ is the surface tension of the
liquid, θ is the static contact angle, ρ is the density of the
liquid, g is the gravitational acceleration, and Lss is the
saturated capillary rise height. Using these values of Rc from eq
1, we modiﬁed the numerical results. The modiﬁed results of
liquid wicking for a 20 mm width paper strip are shown in
Figure 1b. It can be seen that after modifying the capillary
radius, the prediction of the simulation matches very well with
the experimental ﬁndings.
The average capillary rise at each time interval for diﬀerent
width paper strips was found by performing multiple
experiments. Experimental results of the capillary rise were
22932
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In Figure 1e, we compared the capillary rise height of pure
water using diﬀerent strip widths at a diﬀerent time interval.
Zhong et al.36 and Jafry et al.37 showed that there is no eﬀect of
paper strip width on liquid wicking if the strip width is
minimal. They found that in the range of 1.2−2 mm width of
the paper strip, the variation of liquid velocity is minimal. In eq
13 also, there is no eﬀect of strip width because of considering
an inﬁnite width strip. However, it is clear from Figure 1e that
the capillary rise is increasing with an increase in the width size.
Due to the wider strip, the boundary eﬀect is less than that in
the thinner strip. In the side boundaries, the presence of the
solid−air interface causes stronger viscous resistance due to the
downward surface tension force. Therefore, if the strip is wider,
the resultant surface tension force is lower compared to that in
a thinner strip. Also, in the case of a wider strip, more amount
of liquid is sucked into the strip. Due to more volume, the
liquid spreads more, and the height is increased.38 In Figure 1f,
we show the eﬀect of width size on capillary rise using
numerical simulation. It is clear from the ﬁgure that on
increasing the width size, the height is increasing because of
less boundary eﬀect. In Figure 1f, we can see that there is
almost negligible change in the height in the case of 15 and 20
mm width paper strips. Therefore, from this, we can conclude
that if the strip width is more than 20 mm, the boundary eﬀect
is negligible. In Figure 2a, it can be seen that for the ﬁrst few

Figure 1. Comparison of the experimental, numerical, and analytical
data is shown for capillary rise of water in paper strips. (a) In a 20 mm
paper strip comparing all of the results by taking capillary radius as
half of the pore diameter. Taking the modiﬁed capillary radius from eq
1, the comparison is done for paper strip widths of (b) 20 mm, (c) 5
mm, and (d) 10 mm. (e) Repeatability of the capillary rise
experiments for three diﬀerent paper strip widths. (f) Simulated
results of capillary rise for diﬀerent width paper strips are shown to
ﬁnd out the eﬀect of width size. In the case of 20 mm width, the rise is
maximum, and in case of 5 mm, the rise is minimum.

Figure 2. (a) Comparison of numerical simulation and analytical data
of water wicking in a paper strip. Regime I of the wicking process is
shown. (b) Comparison of experimental and analytical data of water
wicking in a paper strip. Two regimes (Regime II and Regime III) of
the wicking process are shown here. It has been shown in Figure 1
that the experimental values and the L−W predictions do not match.
Here, the scaling of the L−W model considering only the viscous
term in Regime II and the scaling of L−W model including the gravity
term in Regime III match well with the trend of the experimental data.

compared with the simulated data, L−W model, and
evaporation models. In Figure 1c,d, the capillary rise of
water in paper strips with respect to time is shown for diﬀerent
widths. The experimental and the simulated data show almost
similar results, whereas the data from the L−W model and
evaporation model deviate from the experimental results. The
reason behind this is that in the case of the L−W model, the
capillary height (h) is varying with time (t) as h ∝ t0.5, which is
not valid for a more extended time because of the retardation
in liquid ﬂow velocity due to viscous resistance. In the case of
the evaporation model, the deviation is less because we
considered the loss due to evaporation. The capillary tube
theory is also considered in the evaporation model. However,
there is a deviation with the experimental results because the
paper strip is not consisting of bundles of capillary tubes. In
capillary tube theory, a porous medium is described as a
bundle of similar capillary tubes.35 Although there is a
quantitative deviation in results, the trend of the graph is
same. The simulated data are closely following the
experimental results. In the numerical simulation, we
considered the porous medium subsurface ﬂow module
without considering the capillary tube theory. For liquid
velocity, we used Darcy’s law, and for capillary pressure, we
used the Brooks and Corey model, which are based on the ﬂow
of porous media. The simulation environment is almost the
same as the working conditions. Therefore, the predicted data
from the simulation show similar results to the experimental
data.

seconds, h ∼ t. In the initial phase of imbibition, the inertial
force balances the capillary force, and an inertial regime
(Regime I) of ﬂow is observed. From the scaling of inertial and
capillary forces, it can be shown that

ij 2γ yz
zz t
h ∼ jjj
j ρR c zz
(2)
k
{
The other two regimes of liquid imbibition are shown in Figure
2b. Regime II is the Lucas−Washburn (L−W) regime, and the
scaling of viscous and capillary forces gives h ∼ t1/2. It can be
seen from Figure 2b that the trend of Regime II matches very
well with the L−W prediction. In the last part of the imbibition
process, gravity dominates the spontaneous spreading of liquid
on the paper strip. In Regime III, the capillary height can be
calculated using eq 20, which is discussed later. It can be seen
from Figure 2b that the trend of Regime III matches very well
with the L−W prediction, including the gravity term. The
objective of showing the analytical results for the viscous and
capillary eﬀect (in Regime II) and gravity eﬀect with the L−W
1/2
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regime and follows the trend of L−W law where h ∼ t1/2.
Regime III is the slow gravity-dominated regime. It can be seen
from Figure 3b that the scales for both the regimes match very
well with the experimental data. A detailed description of the
experimental processes for identiﬁcation of the water content
in milk is discussed in the next section.
Water Content in Milk. For ﬁnding the added water
content in the milk, we used a paper strip whose schematic is
shown in Figure 4a. We used hydrophobic ink to make barriers

model (in Regime III) in the secondary axis is to show the
trends of the regimes. The ﬁgure clearly shows the trend of the
experimental values, and the analytical results match well,
although from Figure 1, it is clear that the experimental values
and the L−W predictions do not match.
Capillary Rise of Milk in a Paper Strip. Milk contains
more than 80% of water. Therefore, milk can also smoothly
ﬂows through porous media. We performed a similar
experimental, analytical, and numerical study of milk wicking
in a paper strip. The comparison of these studies was made for
a commercial milk (Amul milk) considering a 20 mm paper
strip. In Figure 3a, we can see that the L−W model data and

Figure 4. (a) Schematic of the paper strip for measuring the capillary
height. (b) Change in the capillary height due to change in the water
concentration at four diﬀerent time intervals. Four diﬀerent colors are
showing the diﬀerent concentrations of added water at a particular
time. With the increase of the water concentration, the capillary
height is also increased.

Figure 3. (a) Comparison of capillary rise of Amul milk with a 20 mm
width paper strip, showing the diﬀerent results from the L−W model,
evaporation model, and COMSOL simulation and comparison with
experimental data. (b) Comparison of the experimental and analytical
data using the scaling of the L−W model considering only the
viscosity eﬀect in Regime II and gravity eﬀect in Regime III. The
predicted values of the L−W model and L−W with gravity are shown
in the secondary axis to conﬁrm the data trend. It can be seen from
(a) that the analytical data fails to predict the experimental results.

in the side boundaries for making the ﬂow more controlled,
and we put the scale bar on the hydrophobic barriers (ﬂow
width is 10 mm). There is an eﬀect of hydrophobic barriers on
the rising height because of an increase in viscous resistance.
Hong et al.39 described a detailed study on the eﬀect of the
wax barrier in the case of wicking height. Jafry et al.37 discussed
a comparative study of the barrier eﬀect. They used Whatman
ﬁlter paper grade 1 and made a hydrophobic barrier using wax
and SU-8. We used a commercially available Amul milk as a
sample and measured the capillary height with respect to time.
Then, we added diﬀerent volumes of water in the pure milk
and found the changes in capillary heights. Due to the
increased amount of water, the capillary height is also
increased. After multiple experiments, we took the average
values of heights at diﬀerent time intervals and mark them for
detection of 25, 50, and 75% added water. In Figure 4b, we can
see the changes in the capillary rise at diﬀerent milk
concentrations.
We used a commercially available lactometer to compare our
results for checking the accuracy of the paper-based detection
technique. We calibrated the lactometer using samples of
varying concentrations of Amul milk using 0, 25, 50, and 75%
added water. We noted down the change of height in the paper
strip and lactometer for diﬀerent concentrations of milk. Paper
strip data are taken at a ﬁxed time interval for all of the four
diﬀerent concentrated milk samples. From these successive
experimental results, we plotted a graph between the height
and % of water content for the lactometer and paper strip. We
used those data as a reference and ﬁtted a second-order
polynomial curve to the reference values with a regression of
0.9937 for paper and 0.9975 for the lactometer. The equations
of the calibration curves are y = 1.28x2 + 0.208x + 2.372 and y
= 1.1429x2 + 28.857x + 0.1429 for the paper strip and
lactometer, respectively, where y represents the capillary height
and x represents the % of added water content in the milk
sample. Further, we used these equations of the ﬁtting curves
to ﬁnd out the added water content in milk. We measured the
readings from the paper strip as well as from the lactometer for

evaporation model data deviate more from the experimental
results. The reason is the same as explained earlier. The
evaporation model data is more close to L−W model data
because the evaporation rate is less in the case of milk. The
diﬀerent values of the parameters that are used in the case of
milk are listed in Table 1.
Table 1. Parameters Used for Milk Testing
name

value

surface tension
capillary radius
density of milk
viscosity of milk
milk saturated pressure
latent heat of vaporization

0.049 N/m
0.160 mm
1030 kg/m3
17.9 × 10−4 Pa·s
4242.85 Pa
16 173.25 kJ/kg

Article

The simulated data for the capillary rise of milk also does
not exactly match the experimental results. All of the properties
of the milk are considered as ﬁxed. However, milk is an
emulsion and colloidal properties are required to model for
better prediction of the behavior of milk. The microscopic
behavior of the milk wicking phenomenon is diﬃcult to predict
by numerical simulations. There is a possibility of blocking of
the pores of the paper strip due to the solid content (10−15%)
of the milk. Even the multiphase simulation approach may be
required, which is the future scope of the current work.
Therefore, the deviation of the experimental and simulation
data is expected. However, the trend is almost similar to that of
the experiments. In Figure 3b, diﬀerent regimes of imbibition
are shown. The inertia-dominated Regime I is not shown here.
As explained earlier, Regime II is the viscous-force-dominated
22934
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porosity, permeability, capillary radius, thickness of paper,
viscosity, and surface tension of the sample, etc. were measured
by performing experiments, which are discussed later. The
diﬀerent values of all of these properties are mentioned in
diﬀerent tables in this paper.
Experimental Study. For performing the control experiments, the paper strip must be held in a vertically upward
direction. To hold the paper, we made a setup as shown in
Figure 6a. The holding setup is made of aluminum. It has a

samples with random volumes of water and put these in the
ﬁtting curve equations. The comparison of both the readings is
shown in Figure 5. From the ﬁgure, it is clear that the

Figure 5. Comparison between the lactometer readings and paper
strip readings (after 2 min). The actual values of the water content are
shown by the red line.

predictions of the paper strip and the lactometer are close to
the original added water content. The maximum deviations of
the predicted readings from the actual readings in the case of
lactometer and paper strip are 34.7 and 16.2%, respectively.

Figure 6. (a) Schematic of the experimental setup, which includes
diﬀerent parts such as bearing, lead screw, iron plate, magnets, etc. (b)
SEM image of Whatman ﬁlter paper grade 4. Reprinted (adapted)
with permission from ref 32. Copyright (2020) American Chemical
Society.

CONCLUSIONS
Despite the considerable amount of literature on the capillary
rise of liquid on a porous substrate, the analytical models are
not able to predict the capillary rise on the paper-based
substrate accurately. In this work, we discussed the wicking
phenomenon of liquid in Whatman grade 4 ﬁlter paper. We
explained the physics of the well-known capillary rise of water
on the paper-based substrate through experimental results,
simulations, the L−W model, and the evaporation model.
Apart from the fundamental understanding of the capillary rise
of liquid on a porous substrate, this work demonstrates a
method for practical applications. The present hydrodynamic
model can be modiﬁed to study more complex phenomena.
Some examples are the evaporation eﬀect during the spreading
of a volatile liquid, liquid imbibition in soil, thermal
characteristics during the spread of liquid, etc.
Along with the fundamental understanding, the concept of
capillary rise in porous media is used to detect contamination
in liquid foods such as milk with water. We measured the
changes in capillary heights due to the diﬀerent concentrations
of milk. The technique mentioned above of detecting water
content using the paper-based substrate can pave the way for
identifying adulterants in any liquid food sample like oil, liquor,
juice, etc. A similar process can be used for determining the
liquid components in chemical mixtures.

■

rectangular base and two rectangular blocks, which are
connected perpendicularly to the base. Of these two blocks,
one is ﬁxed to the base and one is connected to a lead screw.
With the help of the lead screw, one block can move up and
down for the purpose of adjustment of the paper strips. We
attached small rectangular iron plates on the aluminum block
using screws. Small magnets are used to hold the paper strips
on the iron plates. We attached a scale bar with the paper strips
to measure the capillary height. The samples are taken in a
measuring jar and put at the bottom of the paper strip. The
scanning electron microscopy (SEM) image of Whatman ﬁlter
paper grade 4 is shown in Figure 6b. For taking videos and
photos, we used a DSLR camera (Nikon D750), which is held
in front of the setup. A level is marked in the paper strip
indicating the level of dipping of the paper strip in the sample.
We moved the lead screw slowly downward and stopped when
the paper strip mark touched the sample surface. Then, we
started the timer and took reading at diﬀerent intervals of time.
The maximum error in taking the readings was ±1 mm. The
uncertainties of the measured values are listed in the Table 2.
We have considered 99% conﬁdence level to determine the
Table 2. Uncertainty of the Measured Values

EXPERIMENTAL AND NUMERICAL PROCEDURES
Materials. Whatman ﬁlter paper (grade 4) is used in this
study. We cut it into diﬀerent rectangular shapes. We have
used a screw gauge to measure the thickness of the paper. As
liquid samples, we have used deionized water and commercially available Amul milk (3.1% fat content). Experiments
were performed in a controlled environment of known
temperature (26 ± 1 °C) and relative humidity (70%). The
properties of the materials such as density and pore size were
taken from the standard chart. Few other properties such as

■
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name

margin of error

capillary height
paper strip width
paper strip thickness
wicking liquid mass
porosity
permeability
viscosity of liquid

1 mm
±3.64%
±0.23%
0.001 g
±5.98%
±12.2%
1%
https://dx.doi.org/10.1021/acsomega.0c02407
ACS Omega 2020, 5, 22931−22939

ACS Omega

http://pubs.acs.org/journal/acsodf

Article

Figure 7. Graphical representation of capillary rise height and time for ﬁve repeated experiments in the case of (a) 5 mm, (b) 10 mm, and (c) 20
mm width paper strips.

and 1. Experimentally, we measured the porosity of Whatman
ﬁlter paper grade 4. Here, we used the gravimetric test method
to ﬁnd the mean porosity of the ﬁlter paper applying eq 3 as
described in the literature.29,38
msat
ϵ=
ρAcsLss
(3)

errors in the measured values. The viscosity of the liquid
samples is measured using a viscometer (DV-II, Brookﬁeld),
and the surface tension is measured using a goniometer
(Attension Theta, Biolin Scientiﬁc). Brookﬁeld viscometers
work on the rotational viscometry principle. By measuring the
torque required to rotate a spindle at a constant speed in a
ﬂuid sample, the viscosity can be measured because the torque
is proportional to the viscous drag. To measure the surface
tension, we used the pendant drop method. Using a needle, we
make a pendant drop in front of the light source in the
goniometer setup. The shape of the drop depends on the
surface tension force and gravitational force. We have
performed multiple experiments of capillary rise of liquid
with diﬀerent width size (5, 10, and 20 mm) paper strips. The
repeatability of the experimental data of all of the three
diﬀerent width paper strips is shown in Figure 7. The diﬀerent
time intervals are shown on the X-axis, and the capillary rise is
shown on the Y-axis. With time, the capillary height also
increases. We took reading up to 10 min and move the lead
screw upward until the paper strip separated from the sample.
We took ﬁve repeated data of capillary rise for each paper strip
under the same operating conditions. The maximum deviation
(Δ = ((max − min)/max) × 100%) between the highest and
the lowest value of height is found to be less than 10% in each
case of the paper strip. We measured the capillary height using
a standard scale attached to the paper strips. We have followed
the process to make our measurements comparable with the
lactometer reading (mentioned earlier). To test the accuracy of
the method, we have also employed an image processing
technique to measure the capillary length. For image
processing, we converted the recorded video into images.
The image was then converted from RGB to a grayscale image,
and then it was further processed to remove any additional
noise from it. The ﬁltered grayscale image was later converted
into its complementary form to make it easy to distinguish the
milk rise from paper. Finally, the edges were detected from the
cleaned complementary image using the Canny edge detection
method, and the height was measured with the help of a
reference scale. For example, the height measured using the
image processing technique was 1.38 cm, whereas the scale
height was 1.4 cm. Thus, the overall error estimated after
multiple experiments and comparing it with the corresponding
image processing results was around 1.5%. From these sets of
experiments, we can conclude the excellent reliability of the
experimental system and proceed with further investigations.
We also performed two diﬀerent experiments to ﬁnd out the
porosity and permeability of the ﬁlter paper. Porosity is the
ratio of the empty space volume inside the porous media and
the total volume of the porous media. It can vary between 0

where ϵ is the porosity of ﬁlter paper, msat is the mass of the
water soaked by ﬁlter paper in a saturated condition, which was
determined using a weighing balance (Pioneer, Ohaus), and
Acs is the cross-sectional area of the ﬁlter paper. For measuring
the porosity, we cut the ﬁlter paper in a rectangular shape with
diﬀerent widths as 5, 10, and 20 mm. We have carried out ﬁve
experiments for each of the paper strips. For ﬁnding msat, we
measures the weight of the ﬁlter paper before and after the
experiment and took the diﬀerence between the two readings.
After performing multiple experiments, we got an average
porosity value as 0.776, which is comparable with the earlier
measurements of porosity for Whatman grade 4 ﬁlter
paper.40−42
In porous media, the liquid ﬂow is dependent on its
permeability value. Permeability is the measurement of the
ability of liquid ﬂow through porous media. We used eq 4 to
ﬁnd out the permeability of Whatman ﬁlter paper grade 4.
Experimentally, we obtained the unknown values of eq 4
KρgR w2
ix y
t
lnjjj o zzz =
μLw R sr2
kx{

(4)

where xo is the initial height of the water head in the syringe, x
is the ﬁnal height of the water head, K is the permeability of
the paper, μ is the dynamic viscosity of the liquid sample, Rw is
the radius of the cylindrical ﬁlter paper, Lw is the height of the
cylindrical paper, and Rsr is the radius of the syringe. Equation
4 is based on the falling head method used by Masoodi et al.29
In the falling head method, permeability can be measured from
the change in water head with respect to time. In this test,
liquid ﬂows through a porous medium from a source that
provides the water head. With time, the water head of the
source is decreased. Here, we used a syringe as a source and a
ﬁlter paper (Whatman grade 4) as a porous medium. At the tip
of the syringe, the paper is connected, through which the liquid
can ﬂow. We ﬁlled the syringe with water and marked a level to
start. The time taken for the water head to fall by 5 mm is
noted. The similar way multiple readings are taken by changing
the length of the ﬁlter paper. Scale and screw gauges were used
to measure all of the lengths and the diameters. From our
experiments, we obtained an average permeability value of 8.67
× 10−12 m2, which is comparable with the earlier results of
permeability for Whatman grade 4 ﬁlter paper.40,41 Further, we
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where i represents the number of diﬀerent phases, si represents
the saturation or volume fraction of each phase (s1 + s2 = 1), ui
is the velocity, and Krsi represents the relative permeabilities.
For the wetting phase, the equations used in the Brooks and
Corey47 model are

have used the same values of porosity and permeability in the
numerical modeling.
Numerical Modeling. A ﬁnite element method (FEM) is
used to solve the numerical problem using a COMSOL
multiphysics environment. Three diﬀerent physics interfaces
from the porous media and the subsurface ﬂow module are
used to solve the problem. To describe the ﬂuid movement
through the porous medium, we added Darcy’s law interface.43
This physics interface can be used for the ﬂows with low
velocity, where the pressure gradient is the primary driving
force. The viscous resistance force in pores is the primary
counterforce in this physics. The shear stress in the side
boundaries is negligible because there are no hydrophobic
boundaries in the paper strip. No ﬂow condition is applied
across the vertical boundaries. A reference pressure level pref is
set as 1 atm, and the initial value of the dependent variable,
such as pressure p, is set to be 0 Pa. The equations used for the
continuity and momentum balance (Darcy’s law model) are
∂(ϵρ)
+ ▽·(ρu) = −Q̇ m
∂t

(5)

K
u = − (▽ p + ρ g )
μ

(6)

−1/ λ p

pc = pec s1

3 + 2/ λ p

i

∂t

1 + 2/ λ p

ui = −

i

K rsi
μ

K (▽ps + ρs g )
i

i

)

(12)

where pc is the capillary pressure and pec is the entry capillary
pressure, which is expressed as 2γ cos(θ) .48 We have considered
Rc

θ as a static contact angle. The Whatman grade 4 paper strip
used in the present work is superhydrophilic; thus, a value of
0° is considered. A similar value of a superhydrophilic ﬁlter
paper (0° static contact angle) is also used in the earlier
literature.41,42 The initial value of the volume fraction s2 is
taken as 0.985. To combine the functionality of Darcy’s law
and phase transport in porous medium interfaces, we used the
multiphase ﬂow in porous medium interface. The parameters
used to simulate the capillary rise of water in diﬀerent width
paper strips are listed in Table 3.
Table 3. Parameters Used in Simulation for Water

(7)

+ ▽·(ρs ui) = 0

(11)

K rs2 = s22(1 − s1

where C is the evaporation rate constant and ρv = ρgwv. Here,
ρg and ρv are air and vapor density, respectively, wv is the mass
fraction of vapor, and sg is the volume fraction of air. Here, we
only consider the conservation equation of water inside porous
media because of the reduction in mass due to evaporation.
The interface temperature can be found using the energy
balance equation. In the present work, we performed the
experiments under an almost constant environment without
any eﬀect of external sources. Therefore, in the current work,
we have not considered the eﬀect of evaporation; thus, Q̇ m = 0
is assumed.
For deﬁning the phase material and the ﬂow transport
properties, we used the phase transport at the porous medium
interface.46 Relative permeabilities and capillary pressures are
taken into account to model the transport of multiple
immiscible phases in a porous medium while using this
physics interface. For modeling the capillary pressure in the
case of two-phase ﬂow, we chose the Brooks and Corey
model47 and denote the entry capillary pressure as pec and pore
size distribution index as λp. For two-phase ﬂow, Darcy’s law
without any mass source is deﬁned as
∂(ϵρs si)

(10)

K rs1 = s1

where Q̇ m is the mass source (rate of evaporated mass from the
porous media), u is the volume-averaged Darcy velocity, and
∇p is the total pressure drop. The nonzero volumetric
evaporation rate term (Q̇ m) in the conservation equations44,45
is considered when a large temperature diﬀerence between the
atmosphere and the porous media or external airﬂow is present
in the wicking process. The evaporated mass term is expressed
as45
Q̇ m = C(ρv,eq − ρv )sg ϵ

Article

name

value

paper strip width (W0)
paper strip thickness (δ)
surface tension (γ)
pore size distribution index (λp)
porosity (ϵ)
permeability (K)
density of air (ρg)
density of water (ρ)
viscosity of air
viscosity of water (μ)

0.005 m, 0.01 m, 0.02 m
0.203 mm
0.072 N/m
2
0.776
8.67 × 10−12 m2
1 kg/m3
1000 kg/m3
1.76 × 10−5 Pa·s
8.9 × 10−4 Pa·s

Analytical Models. Wicking is a spontaneous process
where the wetting liquid can ﬂow through any porous medium
due to capillary pressure. For predicting the wicking front
height, an analytical solution was established, combining the
momentum balance equation and Darcy’s law, by Masoodi et
al.29 They considered the porous media as a bundle of capillary
tubes of the same size and applied the momentum balance
method. In momentum balance equations, they considered
only the eﬀect of capillary force and viscous resistance. Due to
the capillary pressure, the liquid enters the pores, while the
viscous force resists the motion. Considering the properties of
porous media, the Lucas−Washburn equation is expressed as
h=

2Kpec
ϵμ

t

(13)

where h is the capillary rise height with respect to time t. The
Lucas−Washburn (L−W) equation is only valid for a very
short period of time because in eq 13, the height is changing
linearly with √t. The velocity of the liquid in a capillary ﬂow in
porous media is decreased with time because of the increasing
viscous resistance. Due to this, the ﬂow becomes very slow
after a certain time and eventually stops when saturation arises.

(8)

(9)
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We have also considered the evaporation model developed
by Fries et al.24 in 2008. Liu et al.38 also used the same model
in the case of a paper matrix. They described the wicking
phenomenon in paper by varying the width to measure the
capillary rise and weight of the water absorbed. The
evaporation rate of the wicking liquid is expressed as
0.089 + 0.0782 Va
Lv

* = (1 − ϕ) × p ×
mev
w

M=

N=

∫0

t

(19)

here, Lss is dependent on gravity. By using the initial condition
as h = 0 at t = 0, the solution of eq 19 can be written as
h=

(14)

pec
ρg

2 2

[1 + W ( − e − ρ g

R c2t /8πpec − 1

)]

(20)

where W(x) is the Lambert function. It should be noted that
the model including evaporation and gravitational term can be
used to predict the initial part of the imbibition (up to few
seconds). However, it fails to predict the long duration
imbibition process. We have not included this model; rather,
we have discussed about the regime-based model in the Results
and Discussion section.

where m*ev is the evaporation rate, pw is the liquid saturated
pressure, ϕ is the relative humidity, Va is the airﬂow rate, and
Lv is the latent heat of vaporization of the liquid. Using eq 14,
the total evaporated mass can be calculated at every instant of
time, and by subtracting this from the L−W mass, the modiﬁed
evaporation capillary rise height is obtained as
hev = 2N ·e−Mt

Article

2

e Mt dt

■

(15)
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Table 4. Parameters Used in the Evaporation Model for
Water
name

value

temperature (T)
relative humidity (ϕ)
paper strip thickness (δ)
water saturated pressure (pw)
airﬂow rate (Va)
latent heat of vaporization (Lv)

26 ± 1 °C
70%
0.203 mm
4242.85 Pa
0
2410 kJ/kg

Notes
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The general equation of wicking of liquid in a paper strip can
be modeled considering the eﬀect of inertial force, capillary
force, viscous resistance, and gravitational force.49 The
momentum balance equation considering all of these forces
can be written as
d(hh)̇
2γ cos θ
8 μhh ̇
−ρ
=−
+
+ ρgh
Rc
dt
R c2
(18)
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